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Mpépinpa 1

‘Earw ¢, o supryreypappiveg wishos rov tprpdvor ABC e sivepo 1, o onolog spdareral g
migophs BC oo onpcio D xan omg mpocxtdong tov xioupdv AC xm AB ova enpeia E xm Z,
avrioroy. Av i evlicia ED civay wdfier mpog vy micupd AB (trv omola répver ato enpeie H) ke
W evlicia ZF ghvn n wdbery amd v Z npog myv cobeia HI, (mv enole vépvn ore eqpeio F), va

urehorploete Tig yovies BFD km AFE.
Aty

‘Eomn K wumﬂorc;pqqmaMI,CmED.Emﬁﬁmm;CEmCde
epantopeves and 10 C tov wihow éxetn ém 1,C LED, omite to wrpdnisope ZILKH ém and ng
umobéang peg yevis; oplés km civan opboydmio, Apa v KI, [I=ZH.

Axb 10 oployino tpivavo ECI, Aaybdvowss: (ILZ) = (1,E) =(1,CX1,K)=(1,CXZH) :’TI;':_E .L;';,
axd Ty onola Kposieto ot oa tpipeva HZL, wm Z1C shvan dposa.

Exopéva, ot yovieg ZHI, xm CZ1, sivan ioeg, omins o sudsisg HI, xm ZC shva ciferss, Snhadd
o ompeie Z,F om C ehan ovwvevboad om
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! Avapwviopai - Mebnponis Olepmbbes

HED=BC, )
Exmhéov, enebi 1o terphxkevpo CDFI, civan eyppiywpo (apod 1,FC = 1,DC), éxetm om:
BCI, = HFD. @
Az g (1) v (2) dmwvan ém Hﬁn-l_ii'n.o-ﬁnwumnpn BHDF civen eyppiyyio xm O
yoope DFB = 180°- BAD = 180°- 90" =90",
Emwdéov, égovps BAI, = HI,C [ evitg evaldal , AZI1,C] ()]
Hi,C=FEC [nari FILEC eyplyipo), )
ombee axd Tig (3) xm (4) dxerm én BAI, = FEC xm 1o rerpixieupo AHFE sive crypiyipo.
Exopiva; fa civar: AFE =AHE = 90",
Tipopinpua 2
Av p g eivan g prdovcei actpawe oo 1 eSiomon
¥ +2(2p-1)y’ +8qy-(4p-1)=0 )
iy pla axipma pia ercpbonpn Tov g , va exebeifere dm ) elionan
o Epuigq=0 )
£y pla Tovkdyotey dppy pila.
Aban
Fpapovpe v eSiomon (1) om poped
(v =1) +4p(y* ~1) +8gy =0 o)

and ™y onola choka mposiatel 6m ol apipol +1 Sev eive pileg g ebiomang (1). Mipdppamn, av o
apipol y =1 frav pites mg (1), vére ba chupe g =0, drowo.

Exlomg oo mpv (3) mposciarrer dm, av v eivan i axcépaa pifa mg (1), vhte gpéxe aurd) va chan mg
popeis ¥ =2a +1, a & I, Snlabi mepirrdg acipmog, Mpdppen, av frav pila mg (1) o dpnog. axépmog
y-h,u-z,nﬁunépng(y’-l:l’ fa firav mEpirtos, evi to Gipowpa 4p(y7 - 1)+ Sqy sivm dpriog,

omdte Bev pmopei va alnyBede v eliowan (3).
Exoptwig, n axipaa pila mg ekiomang (1) civan mg popers y=2a +La e Z wm e

2 (a+1) +2pa(a+1)+q(2a+1)=0. i)

Tpépovue v eiowan (2) o poper (1) =0, éxov f(x)=x'+ pr+g,
ondre B civn fla)=a"+pa+q.

Awd T weksvtaia, pe roldanhamaaps ey Sio pehdy exi 2(a + 1) xpoxintn én

2a+1) fla)=2a’(a+1) +2pa(a+1) +2q(a+1)’,
7 omolia Ao e (4) viverm 2(a+1) f(a)=-2a7 (@ +1) +g{a+1). (e

Exedi) o apbpol 2a +1 wm g civa axd my vmbleon eccpdonpor, ixerm dnwm ot apdipol @ +1
kat ¢ clvan exepbonjot., orndte and my (5) apoxiate dn f(a)<0.

Opokoss hapPivoupe on 2a” f(a+1)=2a’ (@ +1) -ga <0,
axd mv onoia opPavoups m oxban f(a+1)>0.

Exabfy i xoluovopct ovvipmon f(x)=x"+ pr+g siven ouvegls oto B, dpa o oo whaond
Bdompa [a,a +1], xm mouy f{a)<0 v f(a+1)>0, @nd to Sedppa tou Bolzano, éxetar iy
ekioon (2) g pia tovkdpotoy pia spaypati) pila oto avoutd Sbompa (@, +1) pe dxpa Sbo
Badogwod; axpmovs. H pifa aurf Scv mopel va cvan pnrds apuds, éote g popeii
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Mabyparxoi Avrrernapoi - M Ohuwpmidd
w-%.{u.v}-l.mﬂwm. Thte olppeva e Tvootd Bedpnpa Ba siape dn ulg xm vl omdes
fa firav @ =+u e L, frono. Apa n ekiowen (2) éxn pia Tovkiyotov dppnm pila.

Tpipinpa 3

H Terpida Beriioy axépate (a,b,c,d) diyera sevdiapipovaas, av o apibpol
P e |

momm&mmmmmmq

anmposs Na eiyiorre Ty axdvmed oos.
Adam
(&) Mapampodye én 1 etpdba (a,b.c.d)civar sdmpipovon, av, Ko povov av,
Iﬁ‘-n’+c’ l"
2t = b+ d® ). (2)

Bowpinoag mv axban (1) ex; cZionan pe ayvbatou; a.b,c . av Béooupe
t-%-ﬂ:l llll.‘\l'-%)],
ée Aapfavovpe v sfionan 4y =2xyeQ. (3
Mia xpogpavfis Abom g (3) eiva 1o Geiyos (x,y) = (L.1). Em guviyewa Ba npoonabicoupe
va xpoobwpisoups Aioeig (x,y) mg (3) vroweg date 1-x=m(y-1)maQ.
dnhabi Abaeg g poppic (1-m(¥-1).x). re Q.

1 -
mmmmmuywﬂny-ln-':f: I.
- o 3 -
ombee xpowiora, 0 yvearh Abem (5,x) =(11) mmlﬁm;[r.y]-[-w-.. 2o I].-el);
nr +1 m o+l
"Eamm n-f.p.qizli p>q. Tows n wpibes (a.b,c) pe
a=q' +2pg-p b=p 1@ c=p" +2pg-4, @)

v Abong g siowong (1), na wibe pgeZuc p>g. Ero mpixe va apoabopicouus iva
toukémnatoy xaviikalo (eiyos p.g ye 1o onolo 1 tpida (a.b.c) wavomowt mv eGloman (2).
Xpnaysomouinrag 1ig oxoes nov bivoviar o (4) oy egiowam (2). kappavovs v eSiawon
Ap +2p9-0°)- (¢ sg') =1=d' & p* +8p°q+ 20°¢ -8pg* +q' -1=d".
Iax va fipotys wla toukdpotoy kbon pe p>q , Extbyoupe p=g+1, ondte i shiowon yivera
4g' + 249" +32¢° 4129 =" & agg+1)[g + S +3)=d",

i Ty omola pe Soxpis eiwcolka hapPdvoups pia kbom g =3,d=36. Tore sivar p=4 xm
rpoKinTEL 1) TETpaBa (a.b.e.d)=(17,25,31,36).

F) Ba axodeifovps Om 0 apiyds Tov TwTpabay mou svan s v Gepos.
‘Eatm [d.b.t.d:l pin evdiapdpovon teTphla. Edola Sumorivoupe ot e wide femc exépoo &, o
apibiol

Eo', B8, K6 8 (d +1)

axotekoby pin wbdovon aplino xpéoio. Exoptves, nia va dooups pin vén ovdiapip
teephiba, apu va apoad e Benicd mcipmo ¢ throw dhore va wnghe
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Mabnpatisel Aurraviaiol - Matmpard; Olupmible;
E(d* +1)=r +1. ()
Mia kardiinin exkoy) e tov Bermed exipmo r chvar ot poped, r = kd + 5, ondre n efiowan (5)
yhverm E(d +1)=r sl bd + ¥ =b'd" + 2hds + 5 +1 k" = ks + 57 +1.
Extiéyoving k =5* +1 1 eElowon perd my anloroinom yiverar 5° +1= 25d +1e05=2d.
Na s=2d Aapfivouus k=44" +1 xm r-4a"+u.m-| tetpiba (ka,kb,ke,r) civan exiong

eviiapipovea. Exavalapfavovps m Swbumoin aur & wag and mv wetpdda (ka, kb, ke,r), omdte
wiifle popéd Aapfévoups pia xavobpa Swupopetia| Tetpaba ps peyakinepows Betxoi axipmovs, Eto
xatafiyovpe oF daripo apdud tirown tespBey.

Npépinpa 4
"Eare b x,y,z€[0,1) km x+y+2=1. Na anobeifers b

’_l:r_¢ !_r-_+f - 3
z+xy Yr+yzr Yy+m 1

LIS

4y xhyE

At
B MUOTOGOURE TV oviKeThoTacy ' =

Agb mv ida £+ ¥+ 2 =1 hopfdvoupe:
s+ s(l-0)(1-§), y+z=(1-2)(1-z).x+ 2 =(1-y)(1-2).

a2 ymmpz0,
- 4

oxdte
n’+n‘+p’+2nnp-
. xy % J .ljj'"-'l
(1-x)(1-y) (1- }u 3 (- :){1 3" 1(| —xf (1-3) (1-2)
Jo(1-2)+pe(l-x)+2e(l-y)+ 202 gy-xmim-mprizm-gesdoe

(1-x)(1-»)1-2) I-x-y-zmxy+jzsz-n2
Esopdve , aprel va ancaeiZoops 6n m“ps%.
umd Tig owviiies mm,pz0 xm e’ +n' +p' 4+ 2mmp =1,

Amd Tig mmpandve ouviijce; xpostrte ot m <1, n<l, p<1, owh n Sobrepn propei va ypaped og
(m+n+p) =2(m+n+ p)+1=2(1-m)(1-n)(1- p).

axd Ty onoia, ummmmmmm@mm
[l+n+p—l]’$2[—£l_*‘|;"h ] i

Av Béooupe m +n+ p= w20, vote axd oy rehevtaio anadtin Lapfivouuc
1
(w=1) sz[l‘T"] 27 w-1)' $2(3-w)' = 2w’ +9w’ -27<0.

Mia anb nig xbavi prrés piles tou solvmvipow f{w)= 2w’ + 9w’ - 27 eivar o pryedg apiduts %
o onolog maparpobis én pndevile o moluwinvupo, ordrs pe 1o opfipe Homer f pe ™ owwifin Suipean
mohvewipey Aapfidvoups

fw)=2w" 4»91-?—2150@-['-%}:? +3w+9]$0wm£%=-+n+ps%+
apoh wngien w' + 3w+ 9> 0, y cide we R .
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